semi-ordered linear space $R(m)$ , that is, $R$ is a universally continuous1) semi-ordered linear space where a functional $m(a)(a\in R)$ is defined such as the following seven properties are satisfied: 2) For any $\lambda_{J},$ $\lambda_{2}\in\Lambda$ there exists $ j_{3}\in\Lambda$ such that $a_{\lambda_{1}}\cup a_{\lambda_{2}}\leqq a_{\lambda_{8}}and\bigcup_{\lambda\in\Lambda}a\lambda=a$ .
3) A linear functional $\overline{a},$ $(a, \overline{a})(a\in R)$ , is said to be universally continuous, if for any and $\overline{m}_{p}=m_{q}(\frac{1}{p}+\frac{1}{q}=1)$ .
In [1] the concept of a conjugately similar transformation on $R$ was introduced as one method to construct a modular on the universally eontinuous semi-ordered linear space $R$ and it was tried to represent the modular as an integration of a conjugately similar transformation. Main results in [1] concerning the relation between modulars and conjugately similar transformations are the following two: I and II.
I. If we put $m_{T}(a)=\int^{1}(|a|, T\xi|a|)d\xi(a\in R)$ for any conjugately similar transformation $T$ , then we have a finite modular7) $m_{T}$ on $R$ .
II. If $R$ is a conjugately similar space by $T$ , then 1) $m_{T}$ and $\overline{m_{T}}$ are $norma1^{8)}$ , and monotone $complete^{9)}$ ; 
2)
$T^{-1}$ is also a conjugately similar transformation; The purpose of this paper is a generalization of the above results to the most general case. We shall discus8 in gl a generalized conjugately similiar transformation and a representation of the modular as the integration of a generalizbd conjugately similar transformation. In g2 we shall generalize the concept of an inverse transformation of a conjugately similar transformation and study the relation between a conjugate modular and a generalized inverse transformation of a conjugately similar transformation. In \S 3 we shall state the classification of several known types of modulars in other words, that is, according to the types of conjugately similar transfermations. In \S 4 we shall treat new types of modulars and their conjugate types.
Throughout this paper we shall use notations and terminologies according to H. Nakano's book [1] .
Before entering into the details I wish to express my gratitude to Professor Nakano for his kind encouragement and advice. Evidently the above definition is a generalization of (2) . We shall use the notation $(T, M)$ to show a conjugately similar transformation having a domain $M$ .
From the definition we can see easily the following lemma. Lemma 1. i) If $(a, Ta)=0$ for some $a\in M$ , then we have $Ta=0$ .
Especially $TO=0$ .
ii) For any $a,$ $b\in M$ such that $a\cap b=0$ we obtain $a+b\in M$ and $T(a+b)=Ta+Tb$.
iii) For $a,$ $b\in M$ we have $T(a\times b)_{-}^{\wedge}Ta\times Tb$ .
For instance, if $a,$ $b\in M$ and $a\cap b=0$ , then from 2) of $(C)a+b\in M$ and 
$M_{-}=$ { $a;\alpha a\in M$ for all $0\leqq\alpha<1$ and $\bigcup_{0\leqq\alpha<1}T\alpha a$ exists},
Evidently we have $M_{+}\subset M\subset M_{-}$ and $T_{-}a\leqq Ta\leqq T_{+}a(a\in M_{+})$ .
We can see easily $(T_{+}, M_{+})$ and $(T_{-}, M_{-})$ have the following properties stronger than $(C)$ . , and considering (10), the left side
, evidently $L$ is a positive linear functional and we have is unique, because if
Lemma 4. For any $a\in R^{+}$ and
On the other hand for 
The proof of 
Lemma 5. 4 we have $m_{T}(\overline{T}\overline{a})+\overline{m}_{T}(\overline{a})=(\overline{T}\overline{a},\overline{a})$ . Essentially theorem 5 has been proved independently from the results of theorem 4. And it is ease to prove theorem 4 from theorem 5. However, it seems to be interesting for us to show theorem 4 independently from theorem 5. is also a d-discontinuous unit. Evidently the property to be totally d-discontinuous is weaker than to be singular13) and stronger than to be totally discontinuous.30) And the property to be d-continuous is weaker than to be continuous31) and stronger than to be semi-simple.14)
In the following we shall decide the conjugate type of a totally d-
Definition. An element $a\in R$ is called a semi-linear element, if there exist positive numbers $\xi_{0}$ and $\eta_{0}$ such that $ m(\xi_{0}a)<+\infty$ and $m(\xi a)=(\xi-\xi_{0})\eta_{0}$ $+m(\xi_{0}a)$ for all $\xi\geqq\xi_{0}$ .
By definition easily we have 1) 2) for semi-linear elements $a_{1}$ and $a_{2}$ such as 1 $a_{1}|\cap|a_{2}|=0a_{1}+a_{2}$ is also a semi-linear element. is non-semi-linear. The property to be semi-linear is weaker than to be lineari5) and stronger than to be asymytotically linear.33) And the property to be nonsemi-linear is weaker than to be increasing24) and stronger than to be we see 
